This brief note has the threefold purpose of improving on an earlier theorem of the author [4] , gathering together some results on normal closures (with rank restrictions) which are more or less implicit in the literature and providing a few examples which indicate the impossibility of improving these results in one way or another. The proofs are mostly routine and usually omitted. Most of the relevant background material can be found in [3], and references to these results will often indicate that minor additional details (an easy induction, for example) are required. Throughout, (x) 
THEOREM 1. A group G having all subgroups subnormal and (x)
G finitely generated for all x is nilpotent.
Proof. Since each (x)
G has a descending G-invariant series of subgroups of finite index whose intersection is trivial, it follows that G/Z(G) is residually finite. Theorem 1 of [6] gives the result.
In general, a group G with all normal closures finitely generated is not locally max (where "max" denotes the property of satisfying the maximal condition for subgroups). This can be seen by considering SL(n,Z), n ^3 , which has all of its noncentral normal subgroups finitely generated [3, Vol. 1, p. 173], or any finitely generated simple group without the maximal condition. However, denoting by 1 the (relatively large) class of groups having an ascending normal series whose factors are locally (soluble or finite), we have the following. THEOREM 
// G is locally X. and (x)
G is finitely generated for all x, then ( Proof. With G as given, let H be a finitely generated normal subgroup of G and suppose H has an ascending G-invariant series of length a>0. Then a is not a limit ordinal and so H has a G-invariant subgroup K having a series of length a -1 with HIK finite or soluble. If H/K is finite, then K is finitely generated and, by induction on a, K may be assumed to satisfy max. So H has max. If H/K is soluble then, for some n, H (n) lies in K and is finitely generated as a G-group and hence finitely generated. Again by induction, H {n) has max. Factoring, we may suppose H soluble. An easy induction on the derived length concludes the proof.
HOWARD SMITH
Turning now to the property of finite (Priifer) rank, we note that if G is a locally nilpotent group having {x) G This improves on the theorem in [4] , where it was required that G be locally residually finite and that H be cyclic. COROLLARY 
If G is generated by subnormal subgroups {x k ) of defect at most m such that (*A)° has rank at most r, for each X, then G is nilpotent of bounded class.
These remarks on locally nilpotent groups with all normal closures of finite rank enable one to determine the various inclusions among such classes of groups as in [5] .
Proof of Theorem 3. Let F = (/if,. . . , hf), for some elements h t of H, g ( of G.
Each (hf) has defect at most m+c -1 in F and so each (finite) p-image of F is generated by at most r cyclic subgroups of bounded defect and hence has bounded nilpotency class. The result follows.
The corollary is a consequence of the following lemma. LEMMA 
Let G be a group which is generated by subnormal subgroups (x^), each of defect at most m in G, and let A be a normal abelian subgroup of rank r in G. Then A s Z n (G), where n = n(m, r).
Proof. We may suppose G is finitely generated and hence nilpotent. Denote by T the torsion subgroup of A. Then A/T < Z r (G/T) and we quickly reduce to the case where A is a finite p-group.
Then G = G/C G (A) has rank at most s = \r{5r -1) (by [3, 7.44]) and is generated by subgroups (x x ) of defect at most m, and hence (since G is a finite p-group) by at most s such subgroups. By Theorem A of [2] , G has bounded defect in the natural split extension A]G. The result follows.
We note that if G is a locally soluble group and (x)
G has finite rank for all x then G is hyperabelian [3, 10.39] but not necessarily of "length" at most co (see Theorem 6(a) and (b)). Suppose in addition that G is torsion-free. If, for each r, the product of all normal subgroups H x of rank at most r were soluble, it would follow that G has hyperabelian length at most co. But this is indeed the case: firstly we note that each such H k has a characteristic abelian series of bounded length whose factors are torsion-free or finite [3, 10.39 
